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Abstract

This article is a first in a series that will deal with photographic optics as a real thick optical
system, trying to go further than the traditional simplified representation in the form of a single
thin simple positive lens. This first article deals with the basics of thick centred optical systems;
the following articles will deal with issues of photometry, f-stop or diaphragm settings, pupil
size and the problem of "panoramic stitching" with a thick lens. Other papers will deal with
geometrical depth of field, Scheimpflug rule and diffraction in such a thick system when it can no
longer be considered as a thin simple lens.
Most models explaining image formation in a large-format camera only take into account a
thin simple positive lens. Surprisingly enough, this model is sufficient to explain the position and
size of the images, the depth of field and, to a certain extent, the effects of diffraction, photometry,
Scheimpflug’s rule and perspective rendering. The purpose of this paper is to emphasise the
value of the thin simple lens model and to clarify in which photographic circumstances the more
elaborate thick centred system model should be used.
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I Introduction: The large-format camera, back to the essentials
of the image
The formation of an image through a thin simple positive lens is not only the basis of photography,
but if we consider that the human eye consists of an assembly of spherical refracting surfaces, this
model (with the addition of the spherical refracting surface) also describes the phenomenon of retinal
image formation quite well. It is therefore a very simple model based on the association of two
spherical refracting surfaces (for a simple lens) or three or four refracting surfaces with different
index media (for the eye, depending on the complexity of the optical model chosen) which makes it
possible to explain both photographic image formation and vision. So it seemed in the past that every
photographer really needed to know in optics at least this model of the thin simple lens. However,
the technical evolution of cameras during the 20th century, at least as far as equipment for the general
public is concerned, tends to move the photographer further and further away from the light rays
passing through the lens and forming the image on a conventional film or on an electronic detector.
One might therefore think that there is little reason for the photographer of the 21st century, and
even less so for those who now only take pictures with their mobile phone, to know what a lens is;
even more: no need to know the laws of optics, nor to know in detail how images are formed, since
everything seems to be taken care of, automatically.
The use of a technical camera, or large-format camera, forces us to understand the phenomenon
of direct image formation behind the lens, first on the ground glass and then on a detector placed
manually on a piece-by-piece basis (at least when cut-film is used), with all that this entails in terms
of rusticity. The image is reversed, on the ground glass it is almost as dark as the image delivered by
a liquid crystal display; but, to our surprise, the image appears in colour on the ground glass, even if
the film is black and white!
We don’t really know how to look at this reversed image, some people try to put the image upright;
others wonder how to properly frame it. The question of depth of field seem to arise in a very different
way compared to small formats. In some circumstances you will be told about Scheimpflug’s rule and
about tilts allowing “to have a very large depth of field” while others will claim that “the smaller the
format, the greater the depth of field”. How can all this be explained? The very large image circles of
view camera lenses allow unusual perspectives to be obtained, thanks to the rise movements. Are the
laws of optics different from one format to another, or do they become different as soon as a bellows
is placed between the lens and the film, or a silicon sensor?

I1

Is the model of the thin simple lens realistic?

In practice, and the reader may suspect that if he has already read other books on photography, a good
part of what has just been mentioned can be explained by referring to a geometrical optical model
(plus a little bit of diffraction) entirely based on a thin simple lens. There is a paradox here which
is rarely taken into account in traditional photographic textbooks: serious works on photographic
technique always explain in great detail that a combination of lens elements of various shapes and
glass types is required to obtain good images. The same enthusiastic photographer who will denigrate
a modest triplet lens, will be the first to draw for you diagrams in which the lens is reduced to a single
thin positive lens element.
So what should we think of this model of the thin simple lens? Would all the classical formulae
used by generations of photographers (conjugate formulae, Scheimpflug’s rule, photometry, depth
of field, diffraction, . . . ) all these formulae which are cheerfully copied from one book to another,
not forgetting of course the Internet, displayed on web sites of renowned optical or photographic
companies, how all could be wrong because no lens can be reduced to a thin simple lens?
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I2

The reasons of this series of articles

This is the purpose of this series of articles: first of all, to show why the thin simple lens model is
so fruitful for describing quantitatively almost everything one needs in current photography; but also
to present the cases in which a thick centred optical system needs to be represented by something
more precise, without having to make a heartbreaking revision of what is already known about thin
simple lenses.
Classic thin simple lens conjugate formulae can still be used in almost all common photographic
situations, but who uses them in the field? Isn’t one of the interests of the large-format camera, obviously, to simply let oneself be guided by the image that is formed manually on the ground glass rather
than referring to a computer form, a calculator, an embedded software coupled with an electronic
caliper?
But the users of large-format cameras, at least those whose messages can be read on the Internet,
seem to be so obsessed by rigour and precision that it seems just as indispensable, first of all for them,
certainly, but also for all the others, to go a little further in what geometrical optics can easily explain
from the model of thick centred optical systems. The theoretical framework is classical, that of the
approximation of small angles and narrow image fields (Gaussian approximation).
The delicate notions of calculating optical systems and the science of correcting aberrations will
not be discussed in this series of articles. The watchword, except in the case of duly noted exceptions,
will therefore be the following: for a century and a half, the engineers of photographic optics have
devoted all their efforts to the practical realisation of lenses which actually follow the basic rules
of image formation in geometrical optics: all rays emitted by a point source in object space will
eventually intersect, after multiple refractions inside the lens, at the same single point behind the
lens which is called geometrical image. In a modern wide-angle lens, the very inclined ray tracings
in very curved lens surfaces, at the edge of the field, are in reality different from those that can be
deduced from the ideal schematic layout for a thick system represented by its cardinal elements of
Gaussian optics. Nevertheless, in modern optics very well corrected for distortion – and this does
not apply to fish-eye type optics either – the position and size of images in all current photographic
optics can be correctly determined using the basic rules of thick centred systems in the Gaussian
approximation and extrapolating them out of the optical axis or for very inclined rays. What can be
said quite simply is that a ray entering a real lens (and whose cardinal elements are known) does not
exit where you expect it... but will reach the image plane at the intended location.
Finally, this article will be accompanied by a glossary (ref. [1]) which brings together, in the
established French terminology (translated into English), most of the concepts discussed. The terms
written in bold characters in this article have an entry in this glossary.

II Conjugate formulae for a thick optical system
II 1 Principal planes H and H’
One must start by what is perhaps the most delicate issue, that is to say the representation of the
cardinal elements of a centred optical system in the Gaussian approximation (refs. [2, 3, 4, 5]).
Starting from the image formation and the object-image relationship in a simple thin positive lens,
it can be shown that analogous relationships for a thick photographic optical system can be deduced
quite simply by introducing the HH ′ gap called inter-nodal distance between the principal planes
(figure 1). Traditionally the intersection of the principal planes with the optical axis is called H and
H ′ , or principal points. It is most likely that the letter H come from the very Germanic Hauptpunkt,
Hauptebene that you will find in optical textbooks and technical specifications in German [6].
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Figure 1: How a thin simple lens element helps us to understand what a thick compound lens is
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Let’s start from the object-image correspondence in a simple thin lens (figure 1) and cut out the
system (by thinking) through the middle of the lens: O = H = H ′ . Let’s pull the object space apart
from the image space by the inter-nodal distance HH ′ without changing the input and output ray
tracing.
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Figure 2: Symbolic ray tracing for a thick compound lens
We conventionally add on the drawing (figure 2) dotted lines that complete the rays inside the
system, these dotted lines are not light rays and are only meant to remind that the height position of
a point such as D in input is on its counterpart D′ in output. The principal points are conjugated with
each other, i.e. H ′ is the image of H; this is a little difficult to understand because you can’t always
have access to these points. It can be shown that for princpal planes the transverse magnification
is equal to unity because the vertically measured distances HD and H ′ D′ are equal, and on the same
side of the axis, for point D and its image D′ ; these points are conjugated as well.
When the lens is operated in air, which is the most common case in photography, the refractive
indices of the input and output medium are identical, and in these conditions the principal points H
and H ′ are identical to the nodal points N and N ′ , as for any system. Nodal points have the particular
property of keeping identical the angle α of inclination of the incoming ray in N and outgoing ray in
N ′ (figure 2).
We thus obtain a schematic drawing which is none other than the symbolic layout of a thick
optical system, for which the conjugate formulae are similar to those of the thin simple lens:

French textbooks:

1 1
1
1
1 1
+ ′=
; English textbooks: + ′ =
p p
f
u u
f

(1)

simply measure the distances p and p′ (or u and u′ as written in English textbooks) from the
respective principal points: measure p from H (for object space), and p′ from H ′ (for image space).
Formula (1) is known in France as Descartes’ Formula, it is written here in its simplified form
valid for a positive optical system in which the quantities p and p′ are always considered as positive
distances; these are the ones used in photographic practice.
In a wide-angle lens for reflex cameras, the principal image point H ′ can be located completely
outside the optical system, between the last lens vertex and the focal plane. We will explain later
on the interest of having this principal plane H ′ which falls completely outside the lens. The internodal distance, gap between H and H ′ , can be of any length and can even be negative, but it plays a
5

secondary role in photographic applications.
Note, and this gets a bit complicated, that points H and H ′ can be located in a “crossed” way with
H on the other side of H ′ in the direction of light travel (figure 3), we then say that the HH ′ gap (noted
with a bar on it, it is a algebraic distance) can be positive or negative. In the case of the figure 1 the
inter-nocal distance HH ′ is positive because H’ is to the right of H, with the conventional direction of
light travel from left to right.
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Figure 3: Principal planes can be “crossed” with HH ′ < 0.
In the case of figure 3, we have HH ′ negative, which simply means that H ′ is to the left of H; this
situation seems a little curious and difficult to understand, but is in fact common (without being an
absolute rule), in telephoto lens designs used for all formats when we want the overall length of the
lens to be clearly shorter than the focal length. The aim is to reduce the total length and the minimum
flange focal distance required in the infinity position. What actually matters in a telephoto lens is that
the H ′ point is in front of the first lens vertex; the position of the H point is not what matters most.
In the general case, Descartes’ formula (equation (2)) is written with algebraic distances; for
example in the case of figure 3: HA < 0 ; H ′ A′ > 0 for the formation of images in a photographic lens.
Points A and A′ on the optical axis are on the same vertical line as B and B′ , exactly as in the ray
tracing and Descartes’ formula for a simple thin lens. The algebraic formulae will be valid in a very
general way for all centred systems, even negative systems (for example a tele-converter) and for all
positions of objects and images, in the form:

−

1
1
1
=
+
HA H ′ A′ H ′ F ′

(2)

In the general equation (2), the quantity H ′ F ′ is defined as the image focal length of the thick
system; for a lens used in air, we have the relation: H ′ F ′ = −HF if the input and output media have
the same refractive index. It is therefore sufficient to define a single focal length which is positive
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for a photographic lens, which is a positive optical system and which we shall call for simplicity f ;
strictly speaking, one should introduce the image focal length f ′ and write as follows:
• H ′ F ′ = f ′ > 0 for a positive system,
• H ′ F ′ = f ′ < 0 for a negative system.
It is here, looking at figure 3, that a difficulty certainly arises in interpreting the diagram. In
fact it is impossible that in this figure incident rays such as BD and BE could actually reach their
destination without having been deviated by one of the refracting surfaces constituting the optical
system. It should therefore be accepted that the diagram effectively represents only a schematic
layout, an assembly of geometric lines that allows the position and size of the image for a given set
of source points to be correctly determined.
In figure 4, only the beginning (BI) and the end (I ′ B′ ) of the tracings are actually identified with
a light path, up to the intersection with of the first refracting surface and then exiting after the last
surface; at least if we stick to the slightly inclined rays close to the axis (Gaussian approximation).
Most often, the first refracting surface is the surface of the first lens elment (but one can also add a
close-up lens or a filter in front of it!); the dotted line is extended until it meets the principal object
plane in D, vertical to H. As soon as the last refracting surface has been passed, again a path such
as (I ′ B′ ) is, as a first approximation, actually followed by light rays (figure 4); the ray seems to come
from D′ located vertically to H ′ . It is nevertheless necessary to slightly modify this vision, which a
priori is only valid for slightly inclined rays, very close to the optical axis. If the path of the rays in
object space is obviously correct even at very wide angles up to the intersection with the first refracting
surface, the symbolic path just after the last surface does not quite correspond to what happens inside a
real lens with very tilted rays. Nevertheless, and this is the important point to remember, the symbolic
line drawing correctly gives the position and size of the images even with wide-angle lenses (when
distortion is small, fish-eye excluded) or with a very large aperture.
This subtle blend between the actual paths actually travelled by light rays and their “dashed”
extension to the principal planes is one of the conceptually delicate issues when dealing with geometrical optics applied to thick centred systems. If one accepts the rules, it is as easy as drawing a thin
simple lens light beam path.

II 2 Definition of focal lengths
II 2 a)

How the thin simple lens helps to define the focal length of any optical system

Starting from figure 1, when a beam of light parallel to the axis enters the lens, at the exit the rays
converge on the image focal point F ′ . When an object such as B moves away to the left at a very
large distance while keeping constant the angle α between BH and the axis, or – which is equivalent
– if a beam of parallel rays making an angle α with the axis enters the lens, these rays intersect on
exit at the point Fs′ located at the vertical of F ′ , i.e. in the image focal plane (figure 5).
Let’s now separate the principal planes H and H ′ to get the case of the thick system, the ray
tracings in each half space, object and image space behave as in the thin simple lens. By definition
we will call focal distance of the thick system the distance H ′ F ′ . If we used the lens reversed, in the
air as is the rule in current photography, we would find by the same experiment based on the image of
a distant object, a distance HF equal to H ′ F ′ . There is only one focal length for a system that is used
in media with the same refractive index in and out. For a positive system, F ′ is located to the right
of H ′ , i.e. the algebraic quantity H ′ F ′ is positive. All photographic lenses are positive systems, but
they can be formed from the combination of positive or negative lens groups. Examples of negative
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optical systems include, in addition to ophthalmic lenses correcting myopia (negative simple lens),
the tele-converter used on reflex cameras.
There is therefore a difficulty that arises when trying to estimate the focal length of an unknown
thick optical system. The knowledge of this distance conditions the conjugate formulae, and therefore
the position and size of the images. Knowledge of the focal length imposes, for example, very strong
conditions on the minimum distance between an object and its image on a screen placed at a certain
distance supposedly fixed in advance.
If the lens is of a known type and the data sheet is accessible, although you can obviously trust
the manufacturer, you will be curious to find out for yourself the values in the data sheet. If the
manufacturer indicates that the focal length of the lens is 150.3 mm, one will have very precisely the
main H ′ plane located 150.3 mm in front of the focus, that is to say approximately 150 mm in front of
the image of a very distant object.
II 2 b)

How to determine the focal length of a thick system by yourself?

With a simple thin lens, you can focus on the palm of your hand or on a piece of paper the image of
a distant object, for example a light bulb placed, say, beyond 50 times the focal length (okay, we’re
looking for that focal length! but we can have a rough idea!!). Because the principal points H and
H ′ are merged in the centre of the thin lens, the distance between the thin lens and the image of this
distant object, which is placed at the image focal point F ′ gives us a good idea of the focal length.
With an unknown thick system, nothing materializes the location of the principal plane H ′ ; if it is
possible with a photographic lens to focus the image of a distant object, from which reference point
should the quantity H ′ F ′ be measured?
There are professional methods to determine this precisely, but it requires a whole range of instrumentation (collimators, viewfinders, sources, etc.) and an optical bench that the amateur does not
have.
Nevertheless it is perfectly possible to estimate the focal length of an unknown thick positive
optical system by simple methods.
The first method is a comparison method. It is assumed that you have a 35-mm “film” camera with
a lens of known focal length, for example a 50 mm. Open the back of the camera and place a piece
of translucent paper on the film rails. Point at two distant objects with good contrast and measure the
distance in millimetres on the image. Let’s say we find 20 mm. Let’s form an image of the same scene
with the unknown lens, and suppose that we can measure the new distance between the images of the
same two objects on a ground glass. For example, this is a view camera lens and we can mount it on
the lens panel and focus the image of a distant object on the ground glass. If we find a gap of 60 mm
between the images of the two objects with the unknown lens, a very simple proportional correction
tells us that the focal length we are looking for is equal to 50x60/20 = 150 mm. This method has the
advantage of being totally insensitive to the position of the principal planes, especially for a zoom
lens where the principal planes move at the same time the focal length varies.
A second, slightly more precise method applicable to photographic lenses is the following (known
in French textbooks as Davanne and Martin’s method [2], figure 6):
1. Locate the image focal point F ′ by the image of a distant object, for example a high-contrast
landscape element (bell tower [7], dark tree against a sky background). This image will be
formed either on a screen or on ground glass. It’s easy with a monorail camera. We will then
measure the distance between the last lens vertex (or rather the edge of the lens barrel, or the
support plane of the bayonet or lens board, it is better to avoid touching the glass surfaces of a
lens with metal objects) and the position of the image. From the position of the last lens vertex,
this distance is called back focal distance; the distance between the plane of the bayonet or
lens board and this image focal point F ′ is called flange focal distance.
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2. Choose a small luminous object of calibrated dimensions, for example a piece of translucent
paper with centimetre (or inch) graduations illuminated from behind with a flashlight. Move
the screen backwards until an inverted image of this grid is formed which retains the exact
dimensions of the object. Having thus “caught” the image the first time, it is now easier to move
the object without “losing” this image on the screen, which must be moved while maintaining
sharpness. Starting from a position with the object located far away, the image is first formed
close to the focal point F ′ , the transvere magnification is first very small, then by moving the
object towards the lens and moving the screen or the viewfinder backwards, point the position
for which the grid lines of the image are as exactly as possible equal to 1 cm (or 1 inch), that is
to say exactly the same dimension as the centimetric or inch grid used as an object.
The distance by which the screen or ground glass must be moved back between position 1
(infinity-focus) and position 2 (2f-2f) is equal to the focal length.
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Figure 6: Approximate determination of the focal length of a thick photographic lens by Davanne and
Martin’s method [2]
This method is by far not the most accurate way to determine a focal length, but it will help to
become familiar with the minimum distances needed to image objects between the “very far” and the
“very near”.
If the lens is turned over or the light is entered from behind, the position of the object focal
point F is determined analogously and it can be shown that if the input and output optical media are
identical (in our case: air), the two algebraic distances HF and H ′ F ′ are equal and opposite, again
by dropping the sign, in arithmetic distances: HF = H ′ F ′ = f . There is, let us repeat, only one focal
length for a photographic lens used in the air, and the reversed lens keeps its original focal length.
There is another method used professionally, called the “nodal point turnstile” ref.[8], [9], which
you can use yourself if you are not looking for great precision. It is based on the search for the image
stationarity on a screen for a very distant object, ideally located at infinity, when the lens is rotated
while keeping the relative positions of the object and the screen fixed (figure 7).
The image of a faraway scene is formed on a screen that is fixed in relation to the landscape so
that the object can be considered located at infinity. A professional technician in optical metrology
would use a collimator, the amateur would again be content with a far-distant object like the building
opposite to his home, or a bell tower.
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It is necessary to be able to rotate the lens around any point of the optical axis; this supposes being
equipped with a slide, or a monorail view camera reduced to its front standard alone plus a rail, which
can be rotated around any vertical axis, adjustable by sliding the rail in relation to the tripod head
which imposes this vertical axis of rotation.
The image must be formed on a screen or a ground glass that is detached from the lens, we will
try to keep it fixed in relation to the object when turning the lens.
The lens is rotated around a vertical axis in one direction and then in the other; it can be seen that
in most cases the image moves in one direction and then in the other, except in a particular position of
the rotation axis which corresponds to the image nodal point N′ , identical in the air to the principal
image point H ′ .
In reality if we look closely (figure 7) we see that the property of the nodal points to keep the
exit angle α ′ equal to the input angle α keeps the ray H ′ Fs′ parallel to the central entrance ray AH.
If the lens has no field curvature, the Fs′ point after rotation is located a little bit behind the screen.
In order to explain this, it is necessary to represent the classical plot by applying the rules but taking
into account the fact that the optical axis and the focus F ′ have rotated; it is in relation to this new
position that the plot must be made. A beam of rays parallel to AH is focused at a point on the focal
plane Fs′ , but since the plane has rotated around H ′ , the focal point Fs′ is no longer located exactly on
the screen, but a little behind it: the image becomes blurred.
In this “optical turnstile” experiment, even if you rotate correctly around the point H ′ = N ′ , even
if at large rotation angles the image remains almost stationary, it becomes a little out of focus. But
the important thing is that the exit ray H′ F′ s remains parallel to the direction of the incident rays.
This stationarity property extends closely to the other points of the image, which in turn comes from
the focusing of non-parallel rays at AH, making the whole image stationary.
Since the image of the object at infinity is formed in the focal plane passing through F ′ , the
determination of the image nodal point N ′ = H ′ gives us – by putting the axis of the optical system
perpendicular to the screen – the focal length f of the thick system, equal to H ′ F ′ .
This property of image stationarity for an object at infinity is the basis for the optical adjustment
of moving slit and rotating drum panoramic cameras, for which the image must remain stationary in
relation to the film while the lens rotates; these questions will be discussed again in another article.
II 2 c)

Minimum distance between the object and its image in a thick optical system

Another question that is quite frequently asked by users of large format cameras with focal lengths
that are significantly longer than those of small formats, is: what is the smallest image-object distance
Dmini that can be used for focusing? The minimum objet-image distance is obtained in the “2f-2f”
position, at magnification -1, and is given by:
Dmini = 4 f + HH ′ in position “2f-2f”

(3)

If the inter-nodal distance HH ′ is small with respect to f as in a thin simple lens, you can see
that it takes at least four times the focal length between the object to get a properly focused image.
In other words, with a lens of 150 mm focal length (6 inches) for which the inter-nodal distance HH ′
is no more than a few mm, you will need at least a distance of 600 mm (24 inches, 2 feet) between
the object and the image, and you will need to be able to move the ground glass or film back at
least 150 mm beyond the infinity-focus position. In a lens for which the inter-nodal distance HH ′ is
negative, you will gain a little over this rule, this happens on some telephoto lenses (not all, far from
it). But since telephoto lenses are generally long focal lengths, the question of the minimum distance
between the object and the image will be more difficult in large format photography than in smaller
formats.
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In large format photography, very long bellows draw (a very long rail extension for a monorail
camera) are quickly needed if one wants to make close-up or macrophoto; most field cameras which
do not have a large bellows extension will not allow to easily reach the “2f-2f” position. A notable
exception is certain technical cameras with a front folding panel, a typical example of which is the
Linhof Technika® , for which the bellows extension allows the “2f-2f” position to be reached in 4x5
inch format with a focal length of 150 mm.
By doing this experiment of finding the location of the image principal plane H ′ , we will find,
according to the optical formula used in the lens, that H ′ can be located inside the lens for a quasisymmetrical standard view camera lens, but that it can be in front of or behind the lens, in the air,
respectively in the case of telephoto or retro-focus wide angle lenses for reflex cameras.

III Conclusion
The reading of technical data sheets supplied by lens manufacturers which give the position of the
cardinal elements, illustrated by some simple tracings of the optical layout, with the personal handling
of thick lenses and the knowledge of the conjugate formulae of thin simple lenses allows to understand
without great difficulty the real behaviour of photographic lenses whether they are intended for the
35-mm format, medium format or large format cameras, the rules are the same. After all, the fact that
the optics are thick is limited, for the determination of the position and size of the geometric images,
to the necessity of taking into account the inter-bodal distance HH ′ in the symbolic tracings; even in
the somewhat curious cases of telephoto and retro-focus lenses, the difficulty remains modest.
Telephoto lenses and the retro-focus lenses solve some problems related to the back focal distance, but basically nothing changes. As far as the optimisation of these lenses is concerned, imposing
a strong constraint on the position of the principal plane H ′ relative to the lens design may affect the
final performance of the lenses, but all image constructions, magnifications and different settings
based on the system’s Gaussian approximation model, with the exception of the inter-nodal HH ′
separation, do not differ much from what is well known with a thin simple lens.
We will see in the other articles on https://www.galerie-photo.com how thick optical systems differ from thin simple lenses in questions related to photometry, we will talk about the importance of pupils, then we will finish by presenting the question of slanted congugate planes (Scheimpflug’s
rule), and finally we will talk about the questions of diffraction in a thick system.
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